THE REASON FOR ISRAEL’S UNBELIEF
 But not all the Israelites accepted the good news. For Isaiah says, “Lord, who has believed our message?” 17 Consequently, faith comes from hearing the message, and the message is heard through the word of Christ. 18 But I ask: Did they not hear? Of course they did:
“Their voice has gone out into all the earth,
    their words to the ends of the world.” 

19 Again I ask: Did Israel not understand? First, Moses says,
“I will make you envious by those who are not a nation;
    I will make you angry by a nation that has no understanding.” 

20 And Isaiah boldly says,
“I was found by those who did not seek me;
    I revealed myself to those who did not ask for me.” 

21 But concerning Israel he says,
“All day long I have held out my hands
    to a disobedient and obstinate people.”  
                                                                                                                            Romans 10:16-21
If evangelism is made up of a series of successive stages (10:14,15), beginning with heralds being sent and ending with sinners being saved, how can Israel’s unbelief be explained? ‘Not all the Israelites accepted the good news’ (10:16). The word ‘Israelites’ actually isn’t in what Paul wrote. The NIV has added it to clarify that in this section Paul is writing about the poor response of Jews to the gospel. 

Their unbelief, Paul says, was foretold in Isaiah 53:1, “Lord, who has believed our message?” The five stages of 10:14 are now reduced to three: ‘faith comes from hearing the message, and the message is heard through the word of Christ’ (10:17). Christ is both the content and author of the message. Preaching leads to hearing and hearing to believing. Why then hasn’t Israel responded? Paul now mentions but rejects two possible explanations (10:18,19) and then gives his own (10:20,21).
First, ‘Did they not hear?’ (10:18). After all, believing depends on hearing. ‘Of course they did’ (10:18). Paul knows how many thousands of Jews have heard the gospel from him, let alone all the other Christians who had shared it with Israelites. 
To confirm this, Psalm 19:4 is quoted:

“Their voice has gone out into all the earth,
    their words to the ends of the world.” 
Psalm 19 is all about the universal witness of the heavens to its Creator. Paul appears to be transferring the biblical language of global witness from creation to the church. If God wants the general revelation of His glory to be universal, how much more must He want the special revelation of His grace to be universal too?
But have ‘their words (gone out) to the ends of the earth’ as Paul infers? He will write later to the Colossians that the gospel ‘has been proclaimed to every creature under heaven’ (Colossians 1:23) so that ‘all over the world this gospel is bearing fruit and growing’ (Colossians 1:6). This is understandable hyperbole but in our text in Romans Paul is referring mainly to Jews hearing the gospel. This is more likely a form of “representative universalism” (F. F. Bruce). Wherever a Jewish community existed, there the gospel has been shared. In this sense the Jews have ‘heard.’ Their unbelief isn’t because they haven’t heard.

Secondly, ‘Did Israel not understand?’ (10:19). It’s very possible to hear without really understanding. Again Paul rejects this excuse and backs his thinking by quoting Moses’ words from Deuteronomy 32:21.
“I will make you envious by those who are not a nation;
    I will make you angry by a nation that has no understanding.” 
Moses was the first of a long line of prophets that warned Israel that her refusal to follow Yahweh could well result in His blessing Gentile nations in her place. God was revealing His intention to make Israel ‘envious’ and ‘angry’ at the abundance He would bring them.
If Israel’s rejection of the gospel is neither because she hasn’t heard it, nor because she hasn’t understood it, then the nation has no other excuse. Israel has stumbled over the ‘stumbling stone,’ over Christ (9:32).
Enforcing this understanding, Paul quotes what ‘Isaiah boldly says’ in Isaiah 65:1f. Yahweh is drawing a sharp contrast between the Gentiles and the Jews, His actions toward them and their actions toward Him. The first quote is addressed to the Gentiles:

“I was found by those who did not seek me;
 I revealed myself to those who did not ask for me.” 
Surprisingly Paul omits the next part of the same Isaiah 65:1 scripture:

To a nation that did not call on my name,

I said, “Here am I. Here am I”

Here God deliberately reverses the roles between Himself and the Gentiles. It would normally be expected that they would ask, seek and knock on His door, and to be servant-like by offering to do what He wants. Instead, although they didn’t ask, seek or knock, or offer themselves, He allowed Himself to be found by them. He revealed Himself to them, even offering Himself with “Here I am.” This is grace: God taking the initiative to make Himself known.

But concerning Israel he says,
“All day long I have held out my hands
 to a disobedient and obstinate people.”  
How has God treated Israel? He has actively held out His hands to them, not once but ‘all day long,’ pleading with them to return. Have they? No, they remain negative, resistant and dismissive. They are determined to remain ‘a disobedient and obstinate people.’
This is how Paul concludes his second exploration into Israel’s unbelief. In Romans 9 he attributed it to God’s purpose in election, leaving only a remnant who had responded. But in Romans 10 he attributes it to Israel’s own disobedience. 
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